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THESIS ABSTRACT

Name: Syed Iftekhar Mahmood

Title: Impact testing of brittle materials using split Hopkinson pressure bar
technique

Major Field: Mechanical Engineering

The high strain-rate compressive behavior of structural materials (ductile and
brittle) are quite important, and can be obtained using different experimental techniques,
such as falling weight or impacting mass technique, but the accuracy of measurements
decreases with the increase of the strain rate. However, the split Hopkinson pressure bar
apparatus (SHPB) can provide the solution since, in this case, practical test execution is
relatively simple, and interpretation of the test results is relatively straightforward. It is
required for a material under test in a SHPB technique to deform homogeneously and at
a nearly constant strain rate; therefore this technique is limited for only ductile

materials.

Brittle materials (ceramics, rocks) play a vital role in many engineering
applications. Therefore, during the last decade there have been numerous developments
in the conventional SHPB technique in order to obtain high strain-rate behavior of these
materials. Due to certain limitations in the developed techniques, the current work aims
at certain modifications in order to facilitate the dynamic testing of brittle materials

along with its data analysis.

The first proposed modification relates to the replacement of the cylindrical
striker bar of the classical SHPB with a spherical ball. This helps generate a smoothly
increasing compressive pulse followed by an unloading tensile one, which was found
recommendable in previous works to obtain high strain-rate compressive behavior of

brittle materials.

xi



The second proposed modification involves the numerical simulation of the SHPB
test, aiming at calculating the reflected wave, then comparing it with the measured
experimental one. This helps in obtaining the compressive failure strength of brittle

materials at diffevent strain-rates in a simple manner.

Master of Science Degree
King Fahd University of Petroleum and Minerals
Dhahran, Saudi Arabia
January 2004
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CHAPTER 1

INTRODUCTION & BACKGROUND

1.1 Problem Statement

The number of applications in which structural elements are subjected to high
strain rate loading is very widespread. These loads can be caused by accidents, such as
collisions or falling objects, or can be inherent in the basic working conditions of the
system (internal combustion, high frequency vibration, etc). Dynamic loads can also
appear as a result of wear or bad maintenance, resulting in hammering between elements

(Johnson, 1972; Verleysen, 2000)

Other examples include the case of a bird-strike on aerc-engine blades, the design
of shields to contain fragments from a bursting pressure vessels or high-speed rotor,
impact of runway debris on aircraft composite panels (cf. Concorde accident in 2001),
plastic flow close to rapidly propagating cracks and many conventional metal working or
forming processes where very large strains are applied in very short times. As a
consequence, dynamic experiments are essential (e.g. Follansbee, 1985; Field et al,

1998).

Because of their specific properties, brittle materials are used in almost all fields

of engineering. Concrete is a well-established material in civil constructions, ceramic



parts are used in applications ranging from textile machines to bearings in combustion
engine parts, thermoset plastics are used in automotive panels and telecommunications

etc.

The high strain-rate behavior of ductile and brittle materials can be obtained with
different experimental techniques, such as falling weight or impacting mass technique,
but the quality of measurements decreases with the increase of the strain rate. The main
reason is that the assumption of an instantaneous equilibrium in the loading frame and the
measuring device used in these techniques, which usually neglects wave propagation
effects, is not valid (Frew, 2001). Consequently, these methods of testing begin to lose
accuracy at medium strain rates and special short loads cells must to be used (Harding,
1988). However, the split Hopkinson bar apparatus (SHB) can provide the solution since,
in this case, practical test execution is relatively simple, and interpretation of the test

results is relatively straightforward.

The SHB technique was originally designed for obtaining stress-strain data for
ductile materials. Due to certain limitations for testing brittle materials, as discussed in
the later sections, many investigators have introduced certain modifications in the
classical SHB, but still more are required. Therefore the present thesis aims for certain
modifications in order to facilitate the dynamic testing of brittle materials along with its

data analysis.

In the following sections, the fundamentals of the SHB technique along with
complications involved in testing brittle materials, proposed solutions by various
researchers, objectives of the present work and finally organization of the present thesis

will be presented.



1.2 Fundamentals of Split Hopkinson Bar testing
Initially, the SHB was used for compression testing (Kolsky, 1949), hence the
name SHPB. Later, tension, torsion, direct shear, bending, and combined loading were

introduced and developed (Field et al, 1998).

In the classical split Hopkinson pressure bar test, a short cylindrical specimen is
sandwiched between two long elastic metallic bars known as input and output bars, as
shown in Fig.1.1. The ends of the pressure bars and specimen are machined flat to
enforce prescribed boundary conditions. A compressive stress pulse of square shape is
generated at the far end of the input bar with the help of a cylindrical striker bar of
specific length. This pulse travels along the bar towards the input bar-specimen interface
where, because of impedance mismatch, it is partially reflected back into the input bar
and partially transmitted through the specimen and into the output bar. The reflected
pulse is reflected as a wave in tension, whereas the transmitted pulse remains in

compression, until it reflects from the far free end of the output bar as a tensile wave.

The strain histories in the two pressure bars are recorded by strain gages at A and
B. So long as the bars remain under their elastic limits, the specimen stress, strain, and
strain rate may be calculated from the recorded strain histories (e.g. Wasley, 1973). The

specimen stress is calculated from:

EAO 6‘T (t)
A

$

o,() = (1-1)



Specimen

Striker Bar

Input Bar Ej

QOutput Bar E:]

Strain gage A

Strain gage B

Fig. 1.1 Principle of the classical split Hopkinson pressure bar test




where E is the elastic modulus of pressure bar, A, and 4, are the cross sectional areas

of the output bar and sample, and £7(#) is the transmitted wave strain history.

The specimen strain rate is calculated from:

. de (1) 2C,
gs = i T
dt {

5

£, (1) (1-2)

where £,(¢) is the reflected wave strain history, L, is the specimen length prior to

impact, and C, is the uniaxial wave velocity in the bar material, given by:

o

c = (1-3)
P

where E and p are the elastic modulus and density, respectively, of the bar material.

Equation (1-2) can be integrated to yield the specimen strain as:

2ZC° }gk (£)dt (1-4)

s

£,(0=

Equations (1-1)-(1-4) are derived in detail in Appendix A.

There are three major assumptions in deriving the above equations, as noted by
many investigators (e.g. Follansbee, 1985; Ravichandran and Subhash, 1994), namely:

a) The specimen undergoes homogeneous deformation during the experiment. This
ensures that the stress within the specimen is equilibrated. This can usually be
satisfied by using a specimen length such that the duration of the stress pulse
employed is much greater than the transit time for the stress pulse in the specimen.

b) The various stress pulses (incident, reflected and transmitted) encountered in the split
Hopkinson bar undergo minimal dispersion. This assumption ensures that the signals

recorded from strain gages, which are placed on the input, and output bars are true



measures of the response of the specimen. This also implies that the variations of
stresses and displacements over the cross section of the bar are negligible, i.e., one-
dimensional state prevails. This has important implications in studying the high strain
rate response of brittle materials, especially when the specimens fail in a very short
duration (a few microseconds).

The bars remain elastic at all times, and their ends in contact with specimen remain
flat and parallel throughout the experiment. Making the input and output bars of high-
strength material usually meet this assumption.

This technique had been used to measure the dynamic compressive properties of

almost all ductile materials. A comprehensive review has been reported by Eleiche

(1972).

1.3 Complications in Testing Brittle Materials

ii.

The following criticisms can be made regarding the classical SHPB technique.

The SHPB is mainly used to investigate the dynamic flow behavior of ductile metal.
Hence, the results at small strains are not considered valid owing to fluctuations
associated with the early portion of the reflected signal and the non-equilibrated stress
state in the specimen. When elastic and small-strain behavior is important, such as in
the case of brittle materials, the accuracy of the conventional SHPB is not acceptable.
The technique also requires the sample to deform under constant strain rate. In the
classical Hopkinson bar technique, this is accomplished by seeking to impart a
constant stress pulse into the incident bar. But the constant stress pulse does’ not
produce a constant strain rate. Instead, it deform the sample in three distinct regimes,

namely, an initial regime of positive strain rate, when the stress in the sample



increases to a constant level, followed by a regime of zero strain-rate, which is then

followed by a regime of negative strain rate (Nemat-Nasser, Issacs and Starrett,
1991).

Some results reported in the literature showing the effect of strain rate on some

brittle materials are given in Figs. 1.2 and 1.3 for PMMA and in Figs. 1.4 and 1.5 for

Concrete. The experimental techniques used were different than those used in the

classical SHPB.

1.4 Proposed Solutions

To overcome the problems mentioned in the previous section, many investigators
have developed novel techniques for the SHPB experiments, in which they recommended
pulse shaping in order to achieve a ramp pulse in the incident bar. The investigators
emphasized that a slowly rising incident pulse is preferred to a pulse that rises steeply in
order to minimize the effects of dispersion and allow the sample to achieve dynamic

stress equilibrium along with the constant strain rate.

Such novel techniques developed for dynamic compression tests along with
experimental results obtained on a typical brittle material (SiC) are discussed in

Chapter2.



Fig. 1.2 Stress-strain curves at various strain rates for PMMA under conditions of
uniaxial strain using plate impact experiments (Sato and Kituchi, 2001)
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Fig. 1.3 Stress as a function of strain-rate for PMMA under conditions of uniaxial
strain using plate impact experiments (Sato and Kituchi, 2001)
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1.5 Objectives of the Present Work
The main objectives of the current thesis are:

i. To propose a new simple method to produce ramp compressive loading followed by
unloading, through theoretical analysis and confirmation by experiment. The method
is detailed in Chapter3.

ii. To propose and apply a new approach to obtain the material strength at different
constant strain rates by numerically simulating the experiment and comparing

calculated pulses with the measured ones. Details are presented in Chapter4.

1.6 Thesis Organization

Chapter 2 provides a critical review of previous work, and a proposed
methodology for testing brittle materials. Chapter 3 presents the proposed method to
introduce an incident ramp loading in the SHPB test. Chapter 4 discusses the proposed
numerical simulation of the experiment. Finally, Chapter 5 presents the conclusions and

some recommendations for future work.

10



CHAPTER 2

REVIEW OF PREVIOUS WORK

2.1 Introduction

The split Hopkinson pressure bar (SHPB) technique, originally developed by
Kolsky (1949), has been used by many investigators to obtain dynamic compres‘sion
properties of solids. The evolution of this experimental method and recent advances are
discussed by Nicholas (1982), Ellwood, Griffiths and Parry (1982), Follansbee (1985),
Nemat-Nasser, Isaacs and Starrett (1991), Field et al (1998), Frew, Forrestal and Chen
(2001). This technique is mostly used to study the plastic flow stress of materials that
undergo large strains at strain rates between 10%-10* 5. 1t is usually agreed that collected
data are typically obtained for strains larger than a few percent because the technique is
not capable of measuring the elastic and early yield behavior (Nemat-Nasser, Isaacs and
Starrett 1991).

In contrast, most of the advanced materials of interest such as ceramic composites
(which possess exceptional mechanical properties) are relatively brittle and reach their
full strength at strains less than about 1.0 percent. The determination of the dynamic
compressive strength of these materials poses a challenging problem because in an ideal

Kolsky compression bar experiment, the sample should be in dynamic stress equilibrium

11



and deform at a nearly constant strain rate over most of the test duration. For the stress-
strain response of relatively brittle materials that have a nearly linear response to failure,
the classical SHPB needs certain modifications. In order to overcome this problem many
researchers recommended the shaping of the incident as discussed below.

Christensen, Swanson and Brown (1972) used striker bars with a truncated-cone
on the impact end in an attempt to produce ramp pulses. Franz, Follansbee and Wright
(1984) discussed experimental techniques for pulse shaping and a numerical procedure
for correcting raw data for wave dispersion in the bars. In a comprehensive review paper,
Follansbee (1985) discussed pulse shaping using metal samples for SHPB experiments.
He had also emphasized that a slowly rising incident pulse is preferred to a pulse that
rises steeply in order to minimize the effects of dispersion and allow the sample to
achieve dynamic stress equilibrium. Nemat-Nasser, Isaacs and Starrett introduced in 1991
a novel technique to adapt the classical SHPB for testing of brittle materials. They
introduced pulse shaping with properly designed OFHC disk to achieve a ramp pulse in
the incident bar, while measuring the specimen strain by attaching strain gauges directly
on its surface. Later on, Togami, Baker and Forrestal (1996) used a thin Plexiglas disk to
produce non-dispersive compression pulses in the incident bar. Frew, Forrestal and Chen
(2001) also presented pulse shaping techniques, whereby thin disks of annealed or hard
C11000 copper were placed on the impact surface of the incident bar in order to shape the

impacting pulse.

In the following sections the novel techniques developed by Nemat-Nasser, Isaacs

and Starrett (1991) and Frew, Forrestal and Chen (2001) are presented. Some results

12



obtained for the behavior of typical materials are also shown. The major drawbacks of the

methods used are finally discussed and a proposed solution presented.

2.2 Modifications of Split Hopkinson Pressure Bar

2.2.1 By Nemat-Nasser, Isaacs and Starrett (1991)

The experimental technique used two changes in the conventional split Hopkinson

pressure bar (Fig.2.1):
a) A thin metal cushion is placed at the end A of the incident bar
b) The specimen strain is measured directly by attaching strain gauges to its surface.

The presence of the cushion introduces a monotonically increasing ramp-like
stress pulse in the incident bar. The average strain at which the test can be performed, is
limited in this technique. Since the strain is measured directly on the specimen as a
function of time, reliable information is obtained. The measured incident and transmitted
pulses, gives the complete axial stress history of the sample, while the axial and lateral
strain histories are measured by two strain gauges on two adjacent lateral faces of the
sample.

It can be seen from Eq. (1-2) used to determine the strain rate in the classical
split Hopkinson pressure bar experiment, it is necessary that &~ - (g1-&;) be constant in
order to make the sample strain rate constant. This is achieved by seeking to impart a
stress pulse, having a very short rise time and constant amplitude thereafter, into the
incident bar. However, in an elastic sample a constant stress pulse cannot produce
constant strain rate; instead, it deforms the sample in three distinct regimes, namely,

initial regime of positive strain rate, when the stress in the sample increases to a constant

13
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Fig. 2.1 Modification of SHPB (Nemat-Nasser, Issacs and Starrett, 1991)
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level, followed by a regime of zero strain rate, which is then followed by a regime of
negative strain rate.

Thus in the novel technique adopted, the strain rate (g;-er) is tried to be kept
nearly constant as possible by using a ramp pulse produced by the deformation of a metal
cushion. This metal cushion, also called the pulse-shaper, is made of a properly selected
material and to critical dimensions, introduces a monotonically increasing ramp-like
stress pulse in the incident bar as shown in Fig.2.2. Since the sample response is linear,
essentially up to the failure stress, the ramp-like pulse is ideal to subject the sample to a
constant strain rate up to fracture.

Moreover, the specimen strain rate is usually measured from the deformation-time
history of the specimen, as seen in Fig.2.3. This is discussed in some detail in the next

section.

2.2.2 By Frew, Forrestal and Chen (2001)

The conventional SHPB apparatus is modified also by shaping the incident pulse
such that the samples are in dynamic equilibrium and have nearly constant strain rate
over most of the test duration. A thin disk of annealed or hard C11000 copper is placed
on the impact surface of the incident bar as shown in Fig.2.4. After impact, the pulse
shaper deforms plastically and spreads the pulse in the icindent bar. In their work, the
authors also present an analytical model and experimental data that show a wide variety
of incident strain pulses produced by varying the geometry of the pulse shapers and the
length and striking velocity of the striker bar. Figs. 2.5 & 2.6 represents the experimental
data and model predictions for incident stresses from pulse shaped experiments using

hard (HRB 45) and annealed C11000 pulse shapers.

15



(921

{ o o gy P
Lo s PEPERIMENT
i e AL CUHLA TR
e
§ 4‘/‘ G(‘
- e
E
Fo,
PO
T
?\‘\
£
.
™,
.
g
'\.'
-
e
S
i ¥ w
. eI TR )
L S R et T i S RS S S SIS (M R Pyt f--t
2 Y 200

TIWE, migrgseconds

Fig. 2.2 Strain profile generated by a 9 inch striker bar at 11.02 m/s velocity with
an OFHC cushion of 0.190 inch initial diameter and 0.020 inch thickness

(Nemat-Nasser, Issacs and Starrett, 1991)

0.020
0.018 |
0.016 -
0.014 +

1

Failure
e

: Strain rate approx.
o 0012+ 1200 fs

Fo.o010 4
? 0.008
0.006 +
0.004 -
0.002 -
0.000

140 120 130 140 150
Time {Micro-seconds)

Fig. 2.3 Deformation-time history of the specimen (Sarva and Nemat-Nasser,
2001)

16



Striker Bar

Incident Bar

—

Pulse Shaper

Strain Gauge

Fig. 2.4 Schematic of the loading end of a SHPB with a pulse shaper

(Frew, Forrestal and Chen, 2001)

17



Bl

fi

i

180

Towe i€ Bur Seees

it 1 ) : ! ! -y
i i 1t o 1 156 180 1316

Time (us}

Fig. 2.5 Incident bar stress data and model prediction for a hard C11000 copper
pulse shaper (Frew, Forrestal and Chen, 2001)

250

2

164

T ident Bar Siress (%P1

e S L
tt 50 &l 9 139 154 186 10

i ! 1 i ) ]
Time {us)

Fig. 2.6 Incident bar stress data and model prediction for an annealed C11000
copper pulse shaper (Frew, Forrestal and Chen, 2001)

18



2.3 Experimental Results Obtained by Sarva and Nemat-Nasser Using
a Modified SHPB (2001)

Sarva and Nemat-Nasser used a SHPB modified as explained above to test Silicon
Carbide. Figure 2.7 shows the time resolved voltage output from strain gauges attached
on the input and output bars of a sample test. The failure strength is calculated from the

transmitted pulse, using Eq. (1-1).

Since the failure strains in SiC are very low, the resulting reflected pulse is thus
very weak and cannot be taken as an accurate measure of the strain in the sample.
Therefore, the sample strain was measured from strain gauges fixed directly on the
specimen. Figure 2.8 is the strain-time profile calculated from the output of the strain
gauge attached axially on the sample. The sample is loaded for approximately 20 us,
prior to failure. As can be seen, the sample strain rate achieved is constant at about
1200/s. Figures 2.7 and 2.8 are important ones for this thesis, and will be discussed in

great detail in Chapter 4.

The stress-strain curves obtained indicated a nearly linear response up to failure,
for both static and dynamic tests, indicating very little plasticity. The effect of strain rate
on the compressive failure strength of SiC is seen in Fig. 2.9. The compressive strength
under quasi-static testing conditions is approximately 4.2 GPa. Dynamic tests confirm the
strain rate sensitivity of this material. The strength increases to 4.2 GPa at a strain rate of
250/s, and further to 7.0 GPa at 1200/s.

Sarva and Nemat-Nasser also reported that the sample failed by axial splitting

under both static and dynamic conditions. At peak stress, the samples shattered to
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fragments. Figure 2.10 compares the fragment size for static and dynamic tests. The

fragment size for the static test can be seen visibly larger than that for a dynamic test.

2.4 Criticism of Methods Used in Previous Work

There are certain limitations in the techniques discussed above for testing brittle

materials, namely:

(@)

(b)

In order to introduce monotonically increasing ramp-like stress pulse in the
incident bar, the thin metal cushion placed at the impact end of the incident bar,
should be properly designed in terms of material selection and dimensions. This is
a complex and unreliable technique of pulse shaping, since a slight variation can

produce an unexpected shape of the incident pulse (cf. Figs 2.2, 2.5 and 2.6)

Since the resulting reflected pulse is not an accurate measure of the strain in the
sample, Sarva and Nemat-Nasser obtained the axial strain history by attaching
strain gauges directly on the specimen surface. Fixing strain gauges on the
specimen is not always a practical approach especially if the specimen size is too
small which reflects on the accuracy and cost involved. Moreover, the approach
dictates scarifying the strain gauge and wiring with each test, which implies

unaffordable costs, particular when a large scatter in the results is involved.
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2.5 Proposed Solutions in the Current Thesis Work
In order to rectify the above-mentioned problems involved in the previous work
reported on brittle materials other solutions are proposed in the present thesis. These are

briefly described in the following.

2.5.1 Proposed methodology for producing a ramp loading

In this method, the cylindrical striker bar of the classical SHPB is replaced by a
spherical ball. This helps generate a smoothly increasing compressive pulse followed by
an unloading tensile one, To prevent indentation of the input bar, its surface should be
properly hardened. The theoretical analysis of this situation involving different diameter
spherical balls hitting a long cylindrical bar of given diameter had been performed. The

results are presented in the next chapter and also compared with experimental traces.

2.5.2 Proposed methodology for the analysis of the experimental data

A numerical study involving the simulation of the test is proposed, aiming at
calculating the reflected wave, then comparing it with the measured one. The procedure
involves estimating beforehand the amplitude of the specimen strength at the strain rate
of the test. A few iterations usually yield the proper value. Details of this method and its

application are given in Chapter 4.
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CHAPTER 3

PROPOSED METHOD FOR GENERATING AN

INCIDENT RAMP LOAD

3.1 Introduction

As discussed in the previous chapters, many researchers modified the
conventional SHPB using the pulse-shaping technique. From this technique the dynémic
properties of materials, which behave elastically, can be obtained with reasonable
accuracy.

Due to the limitations discussed in Chapter 2 for pulse shaping techniques, a
novel method of loading is proposed in which a cylindrical striker bar is replaced by a
spherical ball. The resulting impact wave is a smoothly increasing compressive pulse
followed by an unloading tensile one. For this particular impact situation, a theoretical
analysis of different diameter spherical balls hitting a long cylindrical bar of given
diameter is performed, and the results are presented in the following section. Based on
this modification, an experimental SHPB setup is developed, manufactured, and

instrumented.
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3.2 Theoretical Analysis

Barton, Volterra and Citron (1958), performed a theoretical analysis for the case
of a longitudinal elastic impact of a sphere on an infinitely long cylindrical bar (Fig.3.1).
They also compared the analysis with experimental results for different diameter of

spheres.
The governing non-linear ordinary differential equation for impact of a sphere
against a rod is derived in Appendix B. It is given by:

2 3/2
g K 4" K

Y229 3-1
dt*>  pC,A dt mﬂ G3-1)

where B is the relative displacement of the centers of mass of ball and bar, p is the

density, A is the cross-sectional area of the bar, E is the modulus of elasticity, v is

Poisson’s ratio of the bar, C, is the wave velocity, which equals [— , m is the mass of the
p

ball, and K is a constant dependent on the elastic and geometric properties of the contact

surfaces. For the case of a spherical ball of radius » hitting a flat surface of the same

material as the sphere, the formula for K is given by:

k=2 £ (3-2)
3l1-0?

where r is the radius of the ball. The derivation and solution of Eq. (3-1) are given in

detail in Appendix B.

The relationship between the contact force and local deformation is determined

from classical Hertz contact theory, usually given by:
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3

F(t)=-KB(t) (3-3)
Therefore, the stress at the impact end of the longitudinal bar is calculated by:

am=%? (3-4)

where F(7)is the force between the ball and the bar, A is the cross-sectional area of the

cylindrical bar.

Previous equations have been programmed using Mathematica. The solution for

the stress-time variation at the impact end was obtained for two cases of interest, namely:

Case (1) The conditions used by Barton, Volterra and Citron (1958) consisting of steel
balls of diameters 1 and 2 inches hitting a cylindrical bar of linch (2.54cm)
diameter at different velocities. Stress-time histories of these configurations are
shown in Figs. 3.2 and 3.3, and compare identically with those given by Barton,
Volterra and Citron (1958). This helps verify the calculation procedure using

Mathematica.

Case (2) The conditions pertaining to the current experimental setup, consisting of a steel
ball of diameter 1.7-inch diameter hitting a cylindrical bar of 0.63 inch (1.6 cm)
diameter. A parametric study is performed to indicate the effect of impact
velocity. The resulting stress-time histories for this configuration are shown in

Fig.3.4.
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The results shown in Figs. 3.2-3.4 indicate that the maximum stress intensity
achieved and the corresponding rise times obtained in the long cylindrical bar depend on

the following factors.
b) The velocity at impact (corresponding to the drop height of sphere)
b) The diameter of the impacting sphere

b) The diameter of the cylindrical bar

3.3 Implementation in SHPB Setup

The basic components of the experimental setup are the same as in the classical
SHPB, except for the loading arrangement. The setup is shown diagrammatically in its
basic configuration in Fig. 3.5. Appendix C presents drawings and close-up photographs
of the setup and its various components. The setup consists essentially of:
(a) Frame (b) Rotating Arm
(c) Impacting steel ball & housing {(d) Supports
(e) Uniform steel input and output bars (f) Strain gages

The following considerations are accounted for in the designing of the setup.

3.3.1 Pressure bars characteristics

a) The yield strength of the pressure bars determines the maximum stress attainable
within the deforming specimen. The two bars are made of high strength steel in the
present case.

b) The length of the pressure bars is determined by conditions required for one-

dimensional wave propagation, which requires approximately 10 bar diameters.
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3.3.2 Bar alignment

Accurate bar alignment is required for ideal one-dimensional wave propagation
within the pressure bars and for uniaxial compression within the specimen. However,
alignment cannot be forced by over constraining the pressure bars, because this violates
the boundary conditions for one-dimensional wave propagation in an infinite cylindrical
solid. This is one reason for a tight specification on curvature in the pressure bars.

In the present setup, each bar is mounted on two wooden supports covered with

Teflon, which are placed at equal distance of 40cms.

3.3.3 Mode of generating the incident wave

As explained above, a steel spherical ball is employed. The ball is attached to the
end of a pendulum arm in a special holder or cage. Upon hitting the input bar, a smoothly
rising compressive pulse, followed by an unloading one is generated. For an input bar of
1.6 cm diameter, and a ball diameter of 4.2 ¢cm, the impacting wave is expected to be a s

shown before in Fig. 3.4.

3.4 Instrumentation

Electrical resistance strain gauges are attached to the input and output bars to
monitor the traveling wave signals. At each station, four gages are used and connected to
form a 4-arm Wheatstone bridge (Fig. 3.6). The strain gages on the input bar sense the

incident and reflected waves, whereas those on the output bar sense the transmitted wave.
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3.5 Data Acquisition

The lead wires from the strain gauges on each bar were connected to a signal
conditioner on multi channel amplifier. Three channels of the amplifier were used, two
for the strain-gage bridges on the input and output bars, and one for the triggering gages
attached close to the impacted end of the input bar in a quarter bridge configuration.

The outputs from two amplifiers are fed to a two channels on Digital Storage
Oscilloscope through BNC cables. Thus the incident, reflected and transmitted waves

could be captured, and stored if required for later printing and/or analysis.

3.6 Implementation of the Developed Method of Ramp Loading to
SHPB Testing

Figures 3.7 and 3.8 presents the theoretical and experimental traces for a 1.7 inch
diameter ball hitting a long cylindrical bar of diameter 0.63 inch at a velocity of 1m/s. In
both cases, a smoothly increasing pulse of 70 us rise time is followed by a decreasing
(unloading) pulse. The shape of the pulse in both cases is also identical.

The incident pulse took approximately 200 us to travel from the impact end of the
input bar to the other end; which is equal to the time obtained theoretically for a wave
traveling at a speed of 5000 per second (speed of wave in steel) for a distance of 1 meter.
The experimental traces also show the multiple reflections from the free end of the
incident bar which is opposite in behavior as compared to the initial loading wave.

The amplitude of the wave depends on the mass of the impacting sphere, and its
velocity at impact. The maximum energy associated with the current configuration was

calculated to be 2.4 Joules at impact. This energy can only cause weak brittle materials to
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fracture. For strong brittle materials, a much higher velocity should be used, which can

only be obtained by using a gas gun, or similar equipment.
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Fig. 3.8 Experimental traces obtained from the oscilloscope
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CHAPTER 4

PROPOSED METHOD FOR ANALYSIS OF

EXPERIMENTAL DATA

4.1 Introduction
As noted in Chapter 2, it is usually difficult to uncover the dynamic behavior of a
brittle specimen experimentally, since the reflected wave is not representative of
specimen behavior. In fact, it is a composite indication of many separate behaviors,
namely
1. The reflection of the initial loading wave from the input bar-specimen interface up to
specimen fracture.
2. The release wave from the specimen, which initiates after its fracture (Kolsky, 1973).
3. The reflection of the remaining part of the loading, after specimen fracture, from the
“now” free end of the input bar.
As such, the reflected wave cannot be used to calculate the specimen strain rate,
and hence strain, using Eqgs. 1-2 and 1-4 as with the case of ductile materials. Therefore, a
new methodology involving numerical simulation has been proposed in the Chapter 2,
and will be developed and implemented in the current chapter. The proposed method is
then verified by considering the experimental results presented by Sarva and Nemat-

Nasser on SiC (2001), shown before in Fig. 2.7.
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4.2 Numerical Simulation of Test

The numerical simulation of the SHPB test is based on assuming a value for the

specimen fracture strength at a given strain rate, calculating the incident/reflected and

transmitted waveforms, and comparing these waveforms with the experimental traces.

These steps are elaborated further in the following.

Step 1:

Step 2:

Step 3:

A finite element model is used to calculate for a given test with assigned impact
stress history, the incident/reflected and transmitted wave histories, along with
specimen average stress and strain histories. The specimen strain rate achieved
in the test is also calculated.

A cut-off specimen strength at the calculated strain rate is assumed, usually
greater than the known quasi-static specimen strength. At this assumed strength
the corresponding specimen loading time to fracture is obtained from the
calculated specimen stress-time history. This stress-time history will be released
from the specimen when it fractures, and hence used as an impacting
compressive wave loading for both input and output bars; the traveling waves
along two bars due to this loading are calculated in another numerical
simulation. In addition, a check on the uniformity of specimen deformation is
performed. The number of reverberations (travel between the two specimen
faces) of the traveling wave should be at least 10, to assure uniformity.

A numerical run is performed for the SHPB using the initial loading wave till
the time of fracture obtained from the previous step, in order to obtain the

transmitted wave history before the fracture of the specimen.
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Step 4: After the fracture of the specimen, the remaining part of the initial loading wave
will reflect back from the free end of the input bar as a tensile wave. Thus, in
order to calculate this reflected wave history, a separate numerical simulation
for the input bar is performed by assuming its ends as free. The load applied in
this case is equal to the initial impact stress history used in step 1, but the results
considered after the fracture time of the specimen obtained from step 2.

Step 5: Since all traveling waves are elastic, the principle of superposition may be
applied. Waves sensed at a particular location on the input and output bars from
the previous separate simulations are therefore added up in order to calculate a
composite resultant history, This is next compared with the experimental test
results at the same locations in question. Qualitative as well as quantitative
comparisons are made. If serious deviations exist, a new iteration is performed
with different cut-off specimen strength. Steps 2 to 5 are repeated until

agreement is obtained between the two results from simulation and experiment.

This exercise helps revealing the value of the specimen strength at the given strain
rate. For other strain-rates, tests are usually performed at different specimen lengths
and/or impact load. Steps 1 to 5 are then repeated.

The procedure described above is presented in the flow chart of Fig. 4.1, and
applied in detail in the following sections. The whole spectrum of traveling waves along

the input and output bars is also clarified using the x-t characteristic diagram of Fig. 4.2
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4.3 General Descriptions of the Software Used

The numerical simulation and resulting computations were performed using a
finite element analysis with ANSYS software program as a vehicle.

The ANSYS program has many finite element analysis capabilities, ranging from
a simple, linear, static analysis to a complex, nonlinear, transient dynamic analysis, but
for large deformation dynamics, quasi-static problems with large deformations and
multiple nonlinearities, and complex contact/impact problems, ANSYS combines with
LS-DYNA explicit finite element program with the powerful pre- and post processing
capabilities of the ANSY'S program.

The explicit method of solution used by LS-DYNA provides fast solutions for
short-time, large deformation dynamics, quasi-static problems with large deformations
and multiple nonlinearities, and complex contact/impact problems. Using this integrated
product, one can model the structure in ANSY'S, obtain the explicit dynamic solution via
LS-DYNA, and review results using the standard ANSY'S post processing tools.

The procedure for an explicit dynamic analysis is similar to any other analysis
that is available in the ANSYS 6.1 program.

A typical finite element analysis on ANSYS/LS-DYNA has three distinct steps:

a. Building the Finite Element model
b. Applying loading and obtaining solution

¢. Reviewing the results

Details of these three steps are given in Appendix D
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4.4 Implementation of the New Approach

The experimental setup and results of Sarva and Nemat-Nasser (2001) will be
used in this section to illustrate the implementation of the proposed approach. The
specimen tested experimentally for dynamic compressive strength was made of Silicon
Carbide. The input and output bars were made of steel (Nemat-Nasser, Isaacs and Starrett
1991). Configuration details of the experimental setup along, along with the results
reported are presented in the following sections. The experimental results include the
time resolved voltage output received from strain gauges attached on the input and output
bars (Fig. 4.3) and the effect of strain-rate on the compressive failure strength of silicon

carbide (Fig. 4.4).

4.4.1 Details of the experimental setup

Not all geometric details were given in the paper except for the diameter of the
bars, which is equal to 12.7 mm. Therefore, some deductive work was necessary to
understand the test configuration used. The x-t characteristic diagram of Fig. 4.2 was also
helpful in that respect. The lengths of the bars were calculated from the traces given for
the time resolved voltage output received from the strain gauge bridges attached on the
input and output bars for a sample test (Fig. 4.3). As can be seen, the reﬂected}and
transmitted traces start at the same time. This indicates that the strain gauge stations were
located at equal distances from the specimen.

Therefore, the distance from the specimen/bars interfaces to the location of the

strain gauges on the incident and transmitted bars, denoted by d, , was calculated from

d,=ct,/2
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where, cis the longitudinal wave speed in the steel bars which is equal to 5000m /s and

¢, is the time taken by the wave to travel from the strain gauge station on the input bar to

specimen/input bar interfaces and back, ¢, is equal to 250 ps as shown in Fig. 4.3. Thus

4= 5000(2)x 2520 %107 (us) _ 0.625m
Therefore the distance between the specimen/bars interfaces to the two strain gauge
locations on the input and output bars was taken as 0.6 meters.

The remaining lengths of the input and output bars were calculated as follows.

The distance from the impact end of the incident bar to its strain gauge location, denoted

by d, was obtained from:
db = Ctb
where, 1, is the time taken by the elastic wave to travel twice the distance between the

impact end and the strain gauge location as shown in Fig. 4.3. Therefore:

5000(173) %360 11s)
S

d, = =0.9m

2
Also:
d,=ct,
where d, is the distance from the strain gauge location on the transmitted bar to its
farthest fixed end from the specimen and ¢, is the time taken by the elastic wave to travel

twice that distance, as shown in Fig. 4.3. Therefore

5000(—’@) *160(us)
d, = o ; = 0.4m
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Based on these calculations, the total lengths of the bars as used in the numerical

simulation were 1.5 meter for the input bar and 1.0 meter for the output bar.

4.4.2 Numerical Model

(a) Idealization

The SiC specimens used in the experiments were of length 6.35 mm and of a
square cross-section 3.5 by 3.5 mm. In the simulation, the geometry was idealized to
be cylindrical of length 6.35 mm and diameter 3.175 mm. Since the symmetry with
respect to geometry and loading exists about the axis of the two cylindrical bars and
the specimen in the SHPB setup (y-axis is in model), it can be modeled by
considering axisymmetry. PLANE 162 elements (ANSYS/LS-DYNA) with
axisymmetric option are considered. The element is defined by four nodes having six
degrees of freedom at each node: translations, velocities, and accelerations in the
nodal x and y directions. Since the bars will be elastic in nature throughout the test,
and also the specimen under test will behave linearly till fracture due to its brittle
nature, the material properties used for the bars and specimen are those of linear

elastic materials.

(b) Finite Element Model
Geometry: Now the 3D problem is reduced to 2D due to axial symmetry, with three
rectangles only; the geometric representation is shown in Fig. 4.5.
Material Properties: Linear isotopic properties for bars (Steel) and specimen (Silicon
Carbide) are specified using two different models (ANSYS/LSDYNA); these are

listed in Table 4.1.
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Meshing: Careful consideration had been given while meshing the model for bars
and specimen. Meshing used is shown in Fig. 4.6. It is refined for more accuracy,
because as a general rule, the finer the FE mesh, the more accurate the results. The
number of elements used in the model was 2016 and 2880 for the specimen, and each
bar, respectively.

Contact: After meshing the geometry, the contact is applied at the specimen- bars
interfaces with the help of Single Surface Auto 2-d option (ANSYS/LSDYNA).
Boundary Conditions: The next step after building the geometric model is
applying boundary conditions. The constraint in the form of roller support is applied
due to the axial symmetry, i.e. line x=0 is constrained in x and allowed to move in y.
Loading: The loading conditions for the explicit dynamic analysis were determined
from the experimental data traces of the incident stress versus time history as

presented in Fig. 4.7 (a). The load is applied in the form of pressure.

4.4.3 Input data values

For verification of the developed FE programs, the traces given (Sarva and Nemat-
Nasser, 2001) for the dynamic compressive strength of silicon carbide at a strain rate of
1200/sec were simulated. The configuration of the setup was as presented in the previous
section, and the material properties were as provided in the paper and shown in Table 4.1.

The quasi-static strength of SiC as reported was 4.2 GPa at 250 s
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Table 4.1 Data used in the numerical analysis

Material properties Geometriec properties
I/P & O/P bars: linear elastic I/p bar

Modulus of elasticity=200GPa Length=1.5meter
Poisson ratio=0.3 Diameter=0.0127meter
Density=7860Kg/m’ O/p bar

Specimen: linear elastic Length=1.0meter
Modulus of elasticity=500GPa Diameter=0.0127meter
Poisson ratio=0.2 Specimen
Densi‘cy=453SKg/m3 Length=0.00635meter;
Quasi-static strength=4.2 GPa Diameter=0.0035meter

Fig. 4.6 FEM model of specimen and portion of pressure bars
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4.4.4 Numerical Runs

Numerical computations were performed for the case of interest as presented in
Fig. 4.3. The experimental traces obtained at 1200 s by Sarva and Nemat-Nasser (2001)
was simulated by using the exact loading conditions and configuration of setup in order
to check the validity of the developed numerical model. After obtaining the reasonable
closeness between the given experimental results and the obtained numerical ones, other
numerical computations can be performed in order to see the effect of specimen length
and amplitude of input stress on the strain rate, and compared with experimental data, if
available.

The results of the computations will now be presented.
(A) First Trial
Step 1: The experimental traces presented by Sarva and Nemat-Nasser ( 2001) at the
strain rate of 1200/sec were simulated by using the configuration of the setup presented in
section 4.4.1. The incident trace given at a rise time of approximately 30 ps as shown in
Fig. 4.7(a) is used as the ramp loading for this numerical work, with a maximum stress
amplitude of 1250MPa, which was found, by trial and error, suitable to achieve the
specimen strain rate of about 1200 s'. Fig. 4.7 also presents the obtained
incident/reflected wave histories at the strain gauge locations in the input (b) bar, along
with the stress (c) and strain (d) histories at the mid of the specimen. The corresponding
strain rate achieved in this numerical run was calculated from the strain-time history
obtained at the mid-section of the specimen, Fig. 4.7(d). As shown in Fig. 4.8, the
expansion of Fig. 4.7 (d), it was found equal to 1240/sec in this case, almost equal to the

experimental result reported.
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Step 2: As a first trial, a cut-off specimen strength greater than the quasi-static strength
of 4.2 GPa, is assumed to be 6 GPa. At this strength the corresponding specimen loading
time to fracture is estimated at 10 ps from the calculated specimen stress-time history,
Fig. 4.7 (c). This stress-time history at specimen fracture is used to calculate the
corresponding release compressive wave, loading both input and output bars as shown in
Fig. 4.9; this form, in effect, step 2 in the simulation. The maximum stress amplitude of
228 MPa used for loading both input and output bars was calculated from:

6000(MPa) , 3.5 ()
2

= O'SAS =

s =227.8MPa
4, 12.7% (mm*)

Oy

where, o, is the bar stress, 4, is the cross-sectional area of the bar (12.7%12.7 mm?), o,
is the assumed specimen cut-off strength (6000 MPa) and A, is the cross-sectional area of

the specimen (3.5*3.5 mm?). The shape of the loading wave used in this case is shown in
Fig. 4.9, includes a loading and unloading time of 10 micro-seconds (as discussed above)
with the maximum amplitude of 228 MPa. From these runs, the resulting traveling waves
along the bars are calculated, and those related to the strain gauge stations are shown in
Fig. 4.9.

Step 3: In order to calculate the transmitted wave history in the output bar till the fracture
time of the specimen, a separate run for complete SHPB had been performed using the
initial loading wave till the time of fracture. The loading wave along with the wave
history obtained at the strain gauge location of the output bar is shown in Fig. 4.10 (a)
and (b). The maximum stress amplitude used for loading in this case is 800 MPa, was
taken from the initial loading wave shown in Fig. 4.7(a) till the fracture time of the

specimen,

53



D 8E+08 4o e

{.oad Curve
2.1E+08
w
0.
%’ 1.4E+08 |- - - .
5
5
T OE+07 o o -
0.0E+00
0.00028 0.0003 0.00032 0.00034
Time(Seconds)
9.0E+07 - e et
— /P Bar
0.0E+00 : e : |
& D 0.0002 0.0%04 0.00086 0.0008
g -8.0E+07 - - S
=
10
2.7E+08 4o . S
Time{Seconds)
9.0E+07 -
— O/P Bar
0.0E+00 : ; ,ﬂ\; a foa
E D 0.0002 0.0%Of 03({006 0.0008
@ .9.0E+07 ..
8 |
]
A BE+08 4 i A
-2.7E+08 -
Time(Seconds)

Fig. 4.9 Stress histories for step2 (i.e. separate runs for input and output bar, in
order to calculate the release wave) at specimen fracture strength of 6
GPa

54



ie. 10 micro-seconds. Here also, the shape chosen is shown in Fig. 4.10 (a), which
includes a loading and unloading time of 10 micro-seconds.

Step 4: After fracture of the specimen, the remaining part of initial loading wave will
reflect back from the “now” free end of the incident bar as a tensile wave. Thus in order
to calculate this reflected wave history, a separate numerical simulation for the input bar
is performed by assuming its end as free. This constitutes step 4 in the simulation. The
load applied in this case is equal to the initial impact stress history used in step 1 as
shown in Fig. 4.11 (a). The wave history at the strain gauge location of the input bar is
shown in Fig. 4.11 (b). However, only the portion of that history corresponding to time
following specimen fracture, which is equal to 440 ps, is considered for the next step
(step 5) where the superposition of all traveling waves in the input bar is performed.
Step 5: Since all traveling waves are elastic, the principle of superposition is applied
(step 5). Waves sensed at the strain gage locations on the input and output bars from the
four separate simulations are therefore added up in order to calculate a resultant
composite history as shown in Fig. 4.12, due account being taken of the proper time in
each case, i.e. the initial loading wave reflected from the specimen bar interface is
considered till the fracture of the specimen, which is equal to 440 ps, whereas the release
wave initiated after the specimen fracture and the remaining part of initial loading wave
is accounted after 440 ps. Figure 4.12 is next compared with the experimental test results
shown in Fig. 4.13 at the same locations. After making the qualitative as well as
quantitative comparisons between the traces of experimental and numerical work, it is
found that the calculated reflected and transmitted waves do not correspond to the

experimental ones in terms of their shape and relative amplitudes.
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loading wave till the time of fracture, i.e. 10 1, in order to calculate
stress history for output bar) at specimen fracture strength of 6 GPa
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initial loading wave, in order to calculate the reflected wave after
fracture of the specimen) at specimen fracture strength of 6 GPa
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It is clear from the obtained results that the assumed cut-off specimen strength of
6 GPa in the current simulation is not the right choice. A second iteration is then
performed with a value of 7 GPa.
(B) Second Iteration

Here, a different specimen cut-off strength is assumed, namely 7GPa. In this case,
steps 1 and 4 are the same as discussed and presented in the first trial.
Step 1: This step is as presented and discussed in the previous case, in order to guarantee
the same specimen strain rate of 1200 s, but the cut-off strength of the specimen
assumed is different than the previous one, as shown in Fig. 4.14 (c).
Step 2: At the assumed cut-off strength of 7GPa, the corresponding specimen loading
time to fracture is estimated from the calculated specimen stress-time history Fig. 4.14
(c), at 12 ps, and the maximum stress amplitude is calculated similarly to that in previous
trial, which is equal to 265 MPa in this case. This stress-time history at specimen fracture
is used to calculate the corresponding release compressive wave, loading both input and
output bars; this form, in effect, step 2 in the simulation, the results of which are shown in
Fig. 4.15.
Step 3: As discussed previously, to calculate the transmitted wave history in the output
bar till the fracture time of the specimen, a separate run for complete SHPB had been
performed using the initial loading wave till the time of fracture, this form, in effect, step
3 in the simulation. The loading wave along with the wave history obtained at the strain
gauge location of the output bar is shown in Fig. 4.16 (a) and (b). The maximum stress

amplitude used for loading in this case is 970MPa, was taken from the initial loading
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Fig. 4.14 Stress/strain histories for step! (i.e. complete run for SHPB at a given
impact stress history) at specimen fracture strength of 7 GPa.
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order to calculate the release wave) at specimen fracture strength of 7
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wave shown in Fig. 4.14 (a) till the fracture time of the specimen, which is equal to 12
micro-seconds.

Step 4: After fracture of the specimen, the remaining part of initial loading wave will
reflect back from the “now” free end of the incident bar as a tensile wave. Thus in order
to calculate this reflected wave history, a separate numerical simulation for the input bar
is performed by assuming its end as free. This constitutes step 4 in the simulation and it is
same as presented in the first trial (Fig. 4.17), except the portion (starting at 444 us)
considered for the following step (step 5), where the superposition of all traveling waves
in the input bar is performed.

Step 5: Since all traveling waves are elastic, the principle of superposition is applied
(step 5). Waves sensed at the strain gage locations on the input and output bars from the
four separate simulations are therefore added up in order to calculate a resultant
composite history as shown in Fig. 4.18, due account being taken of the proper time in

each case.

Figure 4.18 is next compared with the experimental test results shown in Fig. 4.13
at the same locations. Qualitative as well as quantitative comparisons between the two
traces show reasonable closeness between the two. Moreover, by comparing the
computed resultant reflected and transmitted waves of Fig. 4.18 with the experimental
traces shown in Fig. 4.13, the following observations can be made:

a) General
i. The experimental traces are given as strain gage output in volts versus time, whereas

the calculated traces show the stress amplitudes versus time. This fact does not
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Fig. 4.17 Stress histories for step4 (i.e. numerical run for input bar using the

initial loading wave, in order to calculate the reflected wave after
fracture of the specimen) at specimen fracture strength of 7 GPa.
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ii.

b)

prevent the comparison to be performed. If the strain gauge factors were known, the
experimental traces could be multiplied by a constant factor to obtain stresses.

The timescale shown in the experimental traces starts with zero at the input bar gage
station, whereas in the calculations zero time starts at impact end of the input bar.

The transmitted wave is shown upward in the experimental traces of Fig. 4.13. In fact,
these traces should be compressive like the incident wave. The reason behind
inverting the inputs to the oscilloscope to obtain the shown transmitted wave is not
known, and was not mentioned in the paper by the authors.

Reflected Waves

The reflected waves obtained through calculation (Fig. 4.18) are identical to the

experimental ones (Fig. 4.13). Both consist of three different behaviors such as:

1. Reflection of the certain portion (up to specimen fracture) of initial loading wave
from the input bar-specimen interface.

2. The release wave from the specimen which initiates after its fracture.

3. The remaining part of the loading wave which reflects off from the “now” free
end of the input bar, after the fracture of the specimen.

Also, the maximum amplitude of the reflected wave is about 99% of the incident

wave from the experiment, and about 92% of the incident wave from calculation.

Transmitted Waves

As seen in the two figures, the calculated and experimental transmitted waves are
almost identical. The maximum amplitude of the wave is about 59% of the incident

wave from the experiment, and about 64% of the incident wave from calculation.
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The experimental traces show the reflection of the transmitted wave from the
specimen-output bar interface (now a free end) as can be seen in the x-t diagram of
Fig. 4.2. This is not shown in the calculated traces because the calculations were

carried out only up to 700 us from the start of impact on the input bar.

In conclusion, it is clear that the numerical simulation approach detailed in this
Chapter can closely reproduce the traces obtained experimentally. The method should
prove to be a straightforward and logical approach to the analysis of SHPB testing of

brittle materials.
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CHAPTER 5

CONCLUSIONS & RECOMMENDATIONS

5.1 Conclusions
The objective of this thesis was to develop a straightforward methodology to
obtain strain rate effect on the strength of brittle materials using the SHPB technique. The

following conclusions can be made from the current work.

1. Based on a thorough and critical review of the literature, two important modifications

are proposed, namely:

(a) The introduction of a slowly rising compressive pulse followed by a tensile one can
be achieved using a sphere as the medium of impact on a cylindrical bar. The
resulting impact wave was found to be a smoothly increasing compressive pulse
followed by an unloading tensile one. The results were substantiated with a
theoretical analysis of different diameter spherical balls hitting a long cylindrical bar

of given diameter.

(b) The numerical simulation of the test is possible, by accounting for the specimen
fracture and the numerous waves propagating along the input and output bars. This
allows for the reconstruction of the resultant reflected and transmitted waves. This
approach proved to be feasible when the calculated traces are compared with the

experimental ones.
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2. The compressive failure strength of brittle materials, here exemplified by SiC, as
affected by strain rate is possible to identify using the new numerical simulation

approach.

5.2 Recommendations for Future Work
1. The new experimental approach can be used for testing weak brittle materials. For
harder materials, it should be enhanced in order to provide a higher input energy.

This can be achieved by imparting a higher velocity to the ball using a gas gun.

2. The experimental setup built and instrumented in the present work can be used in
the future to generate new data on brittle materials following the important

modifications proposed in the current thesis.
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APPENDIX A

DERIVATION OF MAIN EQUATIONS USED IN THE SHPB

In the SHPB technique, the specimen is sandwiched between two bars and loaded
by a single traveling pulse in compression. The pulse signals are monitored with the aid
of strain gauges, and from which the specimen stress, strain rate and strain can be
deduced, as discussed in the following sections.

A-1 Specimen stress calculation

The average stress o in the specimen can be obtained from (Al-Mousawi, 1997)

o =%L (A1)

where f, and f, are the applied loads on each face of the specimen as shown in Fig.Aj,
and A, is the specimen cross-sectional area. For a specimen in dynamic equilibrium, f;
and /> are expressed in terms of the input and output pressure bar strains as

Ji=EA (g +&g) (A2)

Sy =EAep (As)

where 4, is the bar cross-sectional area, E the elastic modulus of bar material and &, &

and &() are the incident, reflected and transmitted strain histories respectively.

Therefore, the average stress in the specimen is equal to

_ EAO(SI + &R +€T)

o A
Ky ZAS ( 4)
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For a uniformly deforming specimen, the strains in the input bar are equal to the strain in
the output bar 1.e.
g;+Ep = &7 (As)

Thus, substituting from Eq. (As) into Eq. (A4) we get

A
=0y = E(A—O}QT (As)
s

The above equation shows that the stress in the specimen is proportional to the amplitude
of the strain transmitted through the specimen into the output bar.
A-2 Specimen strain calculation

The average strain rate in the deforming specimen is given by Al-Moussawi
(1996) and Kaiser (1998) as

de V.-V,
b S A
= 7 (A7)

s

where V,and V, are the velocities at the input bar/specimen and specimen/output bar
interfaces respectively, and [, is the length of the specimen as shown in Fig. A;.
The velocity ¥,is the product of the longitudinal sound velocity (C, ) in the bar and
the total strain at the input bar/specimen interface, which is
V,=C, (& -~ ) (Ag)
Similarly, the velocity at the specimen/output bar interface is given by
V,=C,&; (Ag)
Since in the above equations &y, &7 are compressive strains, they are considered

positive, whereas g5 is a tensile strain, hence considered negative. Therefore, the average

strain rate in the specimen is given by:
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de C

—=—fLlg;—gp—¢ A
a1, ey —er —er] (A0)
From Eq. (As), we have
gy teEp =¢&7 (AU)

Therefore, substituting in Eq. (A1), we get

de -2C,
= —= & A
o= el (An)
The above expression can be integrated to yield the specimen strain as
-2C
g = £ j'g rAt (A1)

N
Thus, the specimen stress and strain are determined simply by measurements

made on the elastic bars during the test.
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APPENDIX B

ELASTIC IMPACT OF SPHERES ON LONG RODS

The theory of a sphere imparting longitudinal collinear impact on a long
cylindrical rod had been discussed in various texts (Barton, Volterra and Citron, 1958;
Timoshenko, 1982). The following is a short summary.

Let an elastic ball of mass m and radius r strike the end of an infinitely long
cylindrical bar with velocity ¥, in longitudinal impact. Also, let @ be the position of
center of mass of the ball, y the position of center of mass of a section of the impacted
bar near the point of impact. Then the relative displacement of the centers of mass of ball
and bar is f, given by:

f=a-y (B1)

If u represents the elastic displacement of the bar due to impact, then
u=a-p (By)
The velocity of the impacting ball is given by the time rate of change of the position of its

center of mass, which is given by:

y-da _db adu

— B
it dr dt (B3)
Considering Impulse-Momentum relationship, we get:
1 4
V=V, -— [Fdt (Bs)
m
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Using Eq. (B3), we get

1! dp  du
V,—— |Fdt =—+— B
m 5“ dt dt (Bs)
where F is the contact force between the ball and bar.
For a stress-wave uniformly distributed across the section of the cylindrical bar and
traveling with velocity C, = \/: , one obtains:
P
du F
—= (Be)
da pCyA

where p is the density, A is the cross-sectional area, E is the modulus of elasticity, v is

Poisson’s ratio of the bar, and C| is the wave velocity, which is equal to \[E
P

The relationship between the contact force and the local deformation must now be
specified. This is determined from classical Hertz contact theory (Timonshenko, 1982)

and is given by:

F=Kp>"? (B)
where K is a constant dependent on the elastic and geometric properties of the contact

surfaces. For the present case of a spherical ball in contact with a flat surface, K is given

by

(Bs)
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Substituting Egs. (Be), (B7) in (Bs) and differentiating with respect to time, we get
a non-linear ordinary differential equation in terms of the variable P, which is a
governing equation for impact against a rod.

d2ﬁ+ K2 dﬂ3/2 +£z_

3/2:0 B
dt*  pCya dt m g (Bs)

As discussed in Chapter 2, the above equations were solved numerically for two cases

with initial conditions:
p=0, V=V, att=0

The following values for the constants were assumed (Barton, Volterra, Citron, 1958).

p=7.8gm/cm’

v=0.29

A=5.067*10° cm/sec

Co= 5.19%10° cm/sec

Three steel ball masses were considered. The first two were 538 and 67.5 grams

(Barton, Volterra and Citron, 1958), corresponding to experimental ball diameters of 2
and 1 inches. The third mass was 345 grams used in the current experimental setup,
corresponding to ball diameter of 1.7 inches. For each ball mass, four different impact
velocities were considered, namely 242.61, 210.11, 171.52, and 121.30 cm/sec which
corresponded to experimental height of drops of 30, 22.5, 15, and 7.5 centimeters. The
results of these computations expressed under the form stress versus time were shown in

Chapter 3, and also repeated here as Figs. B, B, and B3, for completeness.
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APPENDIX C

ILLUSTRATIONS OF CURRENT SHPB SETUP

The experimental setup consists of various important elements. The basic idea

was to design and manufacture a frame in order to support the long cylindrical bars at

various locations as well as to impact the input bar with a spherical ball at its center. The

following are the important facts considered while designing the setup:

1.

il.

iii.

v,

The frame employed should be a rigid one.

The bars should be rested on supports that have very less frictional effects.
Adjustable supports in order to facilitate the proper alignments of the bars.
Certain mechanism that makes a spherical ball impact at the center of the input

bar and allow it to rebound freely.

The basic components of SHPB setup shown in the following illustrations are:

1.

2.

Frame

Rotating Arm

Impacting ball & housing

Supports

Uniform steel input and qutput bars
Strain gauges

The frame consists of a 200 cm steel base consisting of a wooden plate and

channel beams as shown in Fig. Cy, also visible are steel input and output bars supported

on the wooden blocks grooved in to triangular shapes and also covered with Teflon.
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The impacting ball and its housing supported with the rotating arm are viewed in
the Fig. Cy. The spherical ball employed made of steel with diameter 4.2 cm, resting
against two steel flanges held together using bolts and nuts. A rotating arm is used in
order to support the ball housing freely, and to generate the energy required for impact.
This arrangement for the loading was found to produce a smoothly increasing pulse
followed by decreasing one (sinusoidal), as presented in Chapter 3.

Figure C; presents the full view of developed SHPB along with its
instrumentation. As viewed in the figure electrical resistance strain gauges are attached
to the input and output bars to monitor the traveling wave signals. The strain gages on the
input bar sense the incident and reflected waves, whereas those on the output bar sense
the transmitted wave.

The lead wires from the strain gauges on each bar were connected to a signal
conditioner on multi channel amplifier. Three channels of the amplifier were used, two
for the strain gage bridges on the input and output bars, and one for the triggering gages
attached close to the impacted end of the input bar in a quarter bridge configuration.

The outputs from two amplifiers are fed to a two channels on Digital Storage
Oscilloscope through BNC cables. Thus the incident, reflected and transmitted waves

could be captured.
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APPENDIX D

BACKGROUND ON ANSYS/LS-DYNA

The numerical simulation was performed using finite element software
ANSYS/LS-DYNA. It has capability of solving large deformation dynamics, quasi-static

and complex impact problems. The basic steps involved in this program are:
D-1 Building the Finite Element Model

The first step in an explicit dynamic analysis is to create the model that will
represent the physical system to be analyzed. There are five basic ingredients in building
a Finite Blement Model, such as

i.  Defining the element types and real constants
ii.  Specifying material models
iii.  Defining the model geometry
iv.  Meshing the model
v.  Defining contact surfaces

The ANSYS element library contains more than 150 different element types. Each
element type has a unique number and a prefix that identifies the element category, such
as BEAM4, PLANE77, SOLID96, etc. Therefore it is important to first set the
Preferences options to “LS-DYNA Explicit” so that menus are properly filtered to show
explicit dynamics input options only. Element types available for an explicit dynamic
analysis are described briefly in Elements (ANSYS 6.1). More detailed descriptions of

each explicit element can be found in the ANSYS\LS-DYNA element references.
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Once the appropriate elements to represent the physical system are chosen, then

the real constants that are associated with it are selected. One must determine which real
constants (if any) are required for each element type included in the model.
After defining the element type for a model, its material properties will be specified.
There are numerous material models available for use in an explicit dynamic analysis.
One should refer to the element descriptions in the ANSYS element reference (ANSYS
6.1) to find out which material models are valid for a particular element. After deciding
which material model (or models) to use in the analysis, one must define all of the
properties associated with it. For some material models, one may use the EDCURVE
command to define data curves associated with the material (e.g., a stress-strain curve).

After defining the element type and material properties, the geometry of the
model is made. The easiest way to create the model geometry is with the solid modeling
capabilities of the ANSYS program. For simple models (e.g., line elements only), one can
use the direct generation modeling method. By this method, one can define the nodes and
elements of the model directly.

After building the solid model, it is the time to mesh the model with nodes and
elements. Meshing involves three main steps:

e Set the element attributes
e Set mesh controls
e Generate the mesh
To set the element attributes, one specifies previously defined element type, real

constant set, and material property set to use for subsequent meshing.
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Mesh controls allows to indicate the general size and shape of elements to use
during meshing. There are numerous mesh controls available in the ANSYS program
(ANSYS Modeling and Meshing Guide).

After specifying the desired mesh controls, the model has to be meshed.

An explicit dynamic analysis often includes contact between surfaces. After generating
the Finite Element model, contact between the two separate surfaces will be applied.
Defining contact involves four basic steps:

e Determine the type of contact which best defines the physical model

e Identify contact surfaces

e Specify friction coefficient parameters

e Specify additional input required for the chosen contact type

If automatic contact is not being used, contact surfaces are defined by grouping
the nodes on each surface into a component. Once these components are created, the
contact between the desired surfaces (i.e., node components) is then specified along with

its coefficient of friction.
D-2 Application of Loads and Obtaining Solution

After building the model, the next step is to apply loads to the structure in
preparation for solution. In order to properly model the structure behavior, it is necessary
to apply loads with respect to a specified time interval. Unlike most implicit analyses, all
loads in an explicit analysis must be time-dependent in nature. Hence, when using
ANSYS/LS-DYNA, many of the standard ANSYS commands are not valid. In particular,
the F, SF, and BF family of commands are not applicable in ANSYS/LS-DYNA because

they can only be used to specify time-independent loads. Additionally, the D command
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can only be used to define constrained nodes. For this reason, all loads in ANSYS/LS-
DYNA are applied using a pair of array parameters, one corresponding to the time and
the other corresponding to the loading condition.

In ANSYS/LS-DYNA, all loads are applied in one load step. This is much
different from an implicit analysis where loads are often applied in multiple steps. In
ANSYS/LS-DYNA, for certain kinds of loads, one can also specify when a load is
imposed on a body (birth time), and when the load is removed {death time).

To apply a load to the model, one needs to follow these steps:
o Designate portions of the model that will receive the load as components (or parts,
for rigid bodies)
e Define array parameters containing time intervals and load data values
e Specify load curves
e Define the load direction if the load is not acting in the global coordinate system
e Apply loads to the model

After the model has been built (i.e., after completing element definitions, real
constant and material property specifications, modeling, meshing, boundary/initial
conditions, loading, and termination controls), one can start the solution process.

When the solution is complete without errors or warnings, the ANSYS/LS-DYNA GUI
notifies the user that the solution is dome, and control is transferred back to the
ANSYS/LS-DYNA program. The results can be viewed using the POST1 and POST26

processors of the ANSYS/LS-DYNA program.
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The point at which the LS-DYNA solution terminates will depend on the
termination controls one specifies when setting up the model. Several types of
termination controls are available:

e Termination time - Use the TIME command to specify an end-time for the
analysis. The calculation will stop when the accumulation of time steps reaches
that end-time.

e CPU time limit — One can specify the CPU time limit (in seconds). The
calculation will stop when that time limit is reached.

e Termination criteria — The solution can be stopped by giving certain end criteria,
such as, when a specific node or rigid body reaches a certain position, or when a
specific node comes into contact with another surface.

One should always specify an analysis end-time using the TIME command. The
other termination controls are optional. The solution will terminate when any one of the

specified termination criteria are met.

D-3 Reviewing the Results

ANSYS/LS-DYNA results can be reviewed using the two ANSYS
postprocessors, POST1 and POST26. POST! is used to view results for the entire model
at specific time points, or to view animated results. POST26 is used to view the results of
a specific component of the model at a larger number of time points over a period of
time. With an explicit dynamic analysis, one will typically want to view animated results
(POST1) and time-history results (POST26). Details of POST1 and POST26 are given in

the user guide (ANSYS 6.1).
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